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Cetdo Liie (poeivin (o didaie dovluwe slow! 1.2 L))

02322 ol y=2=x2y y = 2% soled) oaditaally 33gasnal) dndais)) isluns sy
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Y
“

Y =Cosa

dazd Lo i d0 e adolic)) Jolis [gpud (95 s 1.3 Jlio))
V=22 Y=C08X sl gzl 83gammed) dadaid) dsbuce dxmgl
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liove 43 Laadad didais vl 14 L

Y=0gy=2=x =32 Gobed) ebestlly 33gaond) ddai) isluna azry!

Mr. Mohamed Abdelaal 0507374551



Y iaplag JolSiS &g didais isla 1.5 JLWI

s g Yoo ¥ aaslae JalSll 5805 1.4 JEO 438

b Y05 y=2=X = 2 Geoled) okl 839l iaai) islass i)
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\2“ x = y> y Jleow d0g0we dddasie dxlue 1.6 JL)
“>< x=2=1y2 5 X =Y Guoled) Hublaall 339ue)) dndaid) dsliwo axl
t { >
-1 1 2
i, r=2—y°
//
e
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! 3,8 ddawlgs d3gdaell Adlall ,oas

1.7 JLJ!

ey XD il guad) 3,5 aladas! (L3 AJLI Gbled) a5 Hlas ¥ Gluld G s ,e Lle
pladaa¥) (L8l 35gua.d) a8UJ)

x(em) | 0.0 [0.25[0.50[0.75| 1
f)(N) | 0o |110 | 220 |[400 | 700
£)yN) | 0 |100 | 200 |300 | 700
x 0.0 | 0.25] 0.50] 0.75[ 1
o —f@ [0 |10 [20 [100] O
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ilaay) 8,5 e (pmionie! (po dorlused! da gl 1—4 oLl 8

1. y=x,ymx*=1,1<x<3
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2. y=cosx, y=x"+2,0<x<2
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y=e",y=x—1, -2 <x <0
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U"'“ dadaig)) i Lo J—’D,‘, “..u)' S—12 U‘)Lﬂ-" UJ
et biniigd | o Lado LaS Lo 3 o

?J

-1, y=7-x*

.{
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- | —

- — 1, v

6. y
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l?-! y=rig3f=3.r+:!
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9.

Y

dxe ", Iy

|

| x|
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10, yw =

Ly = |x|
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12, y=sinx(0 £x £ 2r), y = cosx
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L 3 S ?.‘.'Jl o iyl __;r:ﬂ'rg .p.-.uﬂ 13—18 Cp g Laad) ‘_,-:'l'
e o | < bado s

13. y=e,y=1-—-x*
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K y=ry=1-2»
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15. y=sinx,y=x
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16. y =cosx, y = x"
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1. y=hnx,y=x*-=2
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83 9oe]) dadais)) doliwe A-?-,‘g o | (19—26 L))
LLS i o JolS) iz sl L aUaad)) caliovil
goled) e ClLLs) e 3asd Loy JelSS da L))

A Lokl Rl Liwniin’ ki plasviwl 19-21

19. y=xy=2-x,y=0
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2, y=x,y=2y=6-x,y=0
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21. x

VX ==y x="
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22, x=3y,x=2+y°
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2, y=2(x>0),y=3-2x%x=0
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28, x =yt xm 4
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25. y=¢',y=4ex=0
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26, y= !—IE,_I,*=

1—x

417

1<x<4
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3gal) meaatl last .27 Gaezl) B LS auns pggnd) plasaul, .28
oo Lasies oLl fe(X) 35201y cadeadt 3,5 Lalesa) LLa1 fe(X)
a5 SLal)

x (cm) 0| 1.125 | 2.250| 3375 | 45
f.(x) (N) 0 880 2200 | 4400 7900
f(x)(N) | 0 | 550 1540 | 3000 | 7900
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saadly dued) eLS] Gasld) B dd) aund) usd Jusy .30
(Ldase Lusil) ooy ) paad) die Lo a3Ua)) (5o
is13¥) oo ¥ o bledl LB asal) 55, Legs ABUa)) aias
g 3Xeall oLt paad) Lle sgall o fi(X) 5 Lusall 2550
Exploring ;a:usS)i LS das)) slas,¥) L1 san)l Lo fi(¥Y)

(Biomechanics
x (mm) 01| 2.0 4.0 6.0 8.0
£.(x)(N) | 0| 300 | 1000 | 1800 | 3500
f, (x) (N) () 150 700 1300 3500

.uu,.'q." Lo aeas ,_.,‘2.” asllal! Aty ,gJ.'A.'.J Y PP PDUIRY P i P.L.i..:..u’
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0955 Gpony L desd gl (pnre g0 LS y=x—2x% Jo¥ .37
A=A,

0.25
0.2
0.15
0.1
0.05

0 0.25 0.5 0.75 1
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088 s Kk argl re s LSy =kxr g y=x—2x ¥ .38
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Y JelS US slaad)) ds L)) 53 Az g Ay Ay vy, .39
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JalSs JS) slasd) aslag 33> A3y A2 A vy, W39

Mr. Mohamed Abdelaal 0507374551



JalSs JSo slasd)) aslud) 33> Az, 42 A 1y, .39
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JolSs USs slaai)) dslud! 33> A3y 42 Ay v, .39
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cas>lbiwe JSJ Golwo )i..ls:. daci .40
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Find the area of the region enclosed by the parabola y = 2 — x? and the line y = —x.
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Find the area of the region in the first quadrant that is bounded above by y = Vx and be-
low by the x-axis and the line y = x — 2.
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Find the area of the region in the first quadrant that is bounded above by y = /x and be-
low by the x-axis and the liney = x — 2.
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3 v

> X
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»

26.

v =(1 — cosx)smx

> X
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Z7.

—3

¥y = 3(sinx)V'1 + cosx
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28.

y = Z-(cos x)(sin(7 + 7rsinx))
“ ¥
S
| | | | - X
—aT e = 0
2
—1F
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29,

\—
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o
p = %5-:-:"1"
3_
E:/
>
__ar w
3 0 3
V= — 4 sin”t
A
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(-2, 8) (2. 8)

NOT TO SCALE
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34,
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37.
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38.
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(3.-5)
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Find the areas of the regtons enclosed by the lmes and curves i Exer cises 41-30.

f.y=x'-2 ad y=
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2. y=2%-x" and y=-3
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43. v =x* and y = 8
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4. v=x"-2r and y =1
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5. y=x" and y=-x'+ 4
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46. y=7-2¢ and y=1x*+4
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g,

47. v=x"—4*+4 and y=1’
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48. v = yWa* —x2 a>0. and =20
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49. v = ‘v“f\:r\ and Sy =x + 6 (How many intersection points are there?)
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P

50. v — 4| and v = (x?/2) + 4

|
EY
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2

52. x=y* and x=y+
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§3. v’ —4v=4 and 4x—y=16
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54. x—v*=0 and x + 2v* =3
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5. x—-y#=0 and x+y*=2
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V. X _11'E —:]1 apd x= Ll*hf] — _1-“1
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¥

2y
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59. 42 + v =4 and x*—1y=1
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60. x> —yv=0 and 3x?—y=

Mr. Mohamed Abdelaal 0507374551



6l x+4°=4 and x+v'=1 for x=0
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62. x +y*=3 and 4x +)3° =0
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63. v=2smx and y=sml, O0=x=q
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64, y=8cosr and y=sec’y, -misr<qf3
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65. v =cos(mx/2) and y=1—x°
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|
=

66. v = sin(wx/2) and ¥y
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67. y=sec’y, y=tan’y, x=-m/4 and x=m/4
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68. x=tar’y and x=-tar'y, -m/4<y<m/d
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69. x =3smy Vceosy and x=0. 0=y=m/2
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70. v = sec’(mx/3) and y=x13, -1=x=1
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71. Find the area of the propeller-shaped region enclosed by the curve
¥ — 1> = O and the linex — v = 0.
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72. Find the area of the propeller-shaped region enclosed by the
curves ¥ — v3 = 0and x — .1'”5 —:(},
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73. Find the area of the region in the first quadrant bounded by the
line v = x. the line x = 2. the curve ¥ = 1/x2. and the x-axis.
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74. Find the area of the “triangular™ region in the first quadrant

bounded on the left by the v-axis and on the right by the curves
vy =sinxand vy = cosx.

Mr. Mohamed Abdelaal 0507374551



76. Find the area of the region between the curve v = 3 — x” and the
line v = —1 by mtegrating with respecttoa.x, b.y.

Mr. Mohamed Abdelaal 0507374551



77. Find the area of the region in the first quadrant bounded on the
left by the y-axis. below by the line v = x/4. above left by the
curve v = 1 + Vx. and above right by the curve y = 2/Vx.
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78. Find the area of the region in the first quadrant bounded on the
left by the y-axis. below by the curve x = 2\/v. above left by the
curve ¥ = (v — 1)°. and above right by the linex = 3 — y.
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Find the shaded area in each of the following :

— b e~ e = = = — o= — —
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Find the shaded area in each of the following :
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Find the shaded area in each of the following :

A

.l‘)

D odie o ot ———————————— - ————— -

|
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Find the area of the region bounded by the curve of the function f: f (X)=X*+4
and the X-axis and the two straight lines : X=-1 , X=2
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Find the area of the region bounded by the curve of the function f : f (X) =e X and
the two straight lines X =0 , X =1In3 and X-axis
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Find the area of the region bounded by the curve of the functiony =1 - X3 and

the straight linesy=0 5 X=-1 » X=2
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Find the area of the region bounded by the curve of the function y = X Yl X

and the X-axis
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3
Find the area of the region bounded by the curve of the function f : f (X) = V X+2

and the straight line X = 6 », and above X-axis
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Find the area of the region bounded by the curve of the function y = % 9-X 2) and
the straight linesy=0 s X=-5 s X =4 and lies below the X-axis

Mr. Mohamed Abdelaal 0507374551



An engineer design a hotel reception in form of the curve whose equation y =4 X - % o

where X is in metres. If it is covered by glass » the cost of one square metre is L.E. 1200
Find the cost of the glass.
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4
By using the area under the curve of the function y = V 16 -x* » find 0_[ V16 -x*d X
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Find the area of the region bounded by : y,;=6-X " y,= =X?

P g
: &
and the two straight lines X=-1 , X=1

Mr. Mohamed Abdelaal 0507374551



Find the area of the region bounded by the curve y,=4-X 2 and the straight liney, =3 X
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Find the area of the region bounded by the two curves : y, =12 - X?* , y,=2X |

1
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Find the area of the region bounded by the curves : y, =\/;C_ and the straight line

¥, =X -2 and the y-axis.
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Find the area of the region bounded by the two curves : Y, =‘\/ 2% 5y Y, = % >
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Find the area of the region bounded by the curve of the function f and the curve of
thefunctiongwheref()()=x3—3x2+5 s E(X)=X+2
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Find the area bounded by the curves : y =

Mr. Mohamed Abdelaal 0507374551

¥ ? X>O ) y=2x s



Find the area of the region bounded by the curves: y = ’\/ 6+X »

Mr. Mohamed Abdelaal 0507374551

y

Vl2-x s ¥

1



Find the area of the region under the curve of the function y and above the given
interval in each of the following :
y=|X-3]| above the interval [2 s 5]

Mr. Mohamed Abdelaal 0507374551



Using the area under the curve

OIZ\/4—x2 d X
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Using the area under the curve

_3]3\/9—x2 d X

Mr. Mohamed Abdelaal 0507374551



(1) . In the opposite figure :

The area of the region bounded by the two curves }

y-:xz ) y:lXquualS ................ 2
0 5 l 5 x; l

(a) 2 lj (X2=X)d X (b)oj (X=X dx 30

1 1
(c)20j (X—-X% d.X (d)_lj (X=XYdX y!
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(2) L. In the opposite figure :

The area of the region bounded by the curve
y = X7 and the straight line y = X equals - .
g s b
@ [ x*-xdx (b)20j (X2 =25 d.R
1 1
(c)Oj (X—-XHd % (d)20j (X-x}Hdx y
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(3 )  The area of the region bounded by the straight lines
y=X9sX=2 9 y=0equals ----ereoreeeee square units.

(a) % (b) 1 (c) 2 (d) 4
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(4) | The area of the region bounded by the curve y = X > and the straight lines
y=0 s X=2equals ---eeeeveees square unit.

(a) 8 (b) 4 (c) 2 (d) 1
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( 5) . The area of the region bounded by the straight linesy=2X-3 s y=X+1
o X =2 equals ................

(a) 2 (b) 3 (©) 3 (d) 6
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(6 ) __ The area of the region bounded by the curve y =V 4 - x*
and X-axis equals - square units.

(a) 2 (b) 4 (¢) 270 (d) 47T
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( 7 ) In the opposite figure :

’)
It is a part of a curve f (X) in the interval [a 5 b] i
s then if the area m equals 5 square unit % m .
0 1
and area n equals 3 square unit 7 ) C\‘:b
y |
b
,thenaj f(X)dX: ................
(a)-5 (b) 4 (c) 2 (d) 8
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( 8) L In the opposite figure :
If A, = 5 square units » A, = 2 square units

» A; = 8 square units

5 5
athen_of f(X)dX+_J | £ () |d X = oesvsvnnn

(a) 15 (b) 20
(c) 22 (d) 26
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( 9 ) In the opposite figure :

If the area of the shaded region = % square units s

(b) 1

b

2

3 - X,
(c) 5 (d) 2
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(10) In the opposite figure :

If the area of the shaded region = 2 square units »

(a) 2 (b) 3
(¢) 4 (d) 5
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(11) The area of the region bounded by the curve Xy =4 s X-axis and the two straight
lines X=1 s X=3equals -eoeeee.

(a)21In3 (b) 4 1n 3 (¢)3In3 (d)3In4
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@A . Find in square units the area of the region bounded by the curve of :
f(X) = (X -2)" and the X-axis in the interval 12 5 4] « 4 square units »
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8 . An architect has designed an arc -like entryway of a hotel whose equation
y=-— % (X—=1) (X —=7) where X in metres. How much does the glass cost if this entry

way is covered by the glass which costs L.E. 1500 per square metre ? « L.E. 27000 »
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R 0 If the cost of a squared metre of granite to cover the floor of a hotel corridors is
LE 400 and five corridors have been already covered with granite and the area of each is
bounded by the curve of the function f and the two straight lines X=0andy =0

where f (X) =12 - L X2 Find the cost covering the five corridors. « L.E. 96000 »

3

Mr. Mohamed Abdelaal 0507374551



10 [FEaPN advertising company produces a poster to market an item. If the poster is shaped
as an area bounded by the curve of the two functions f and g where f (X) = 2 v

and g (X) = K= ~2 %" and X is approximated in decimetre s calculate the area needed of

25600 dmi s

adhesive paper to produce 1000 posters for this item. «

-

S
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%10 7 Find the area of the region above X-axis bounded by the curve of the function

T2 g (X)= 4 X and the straight line X =4 « 2 In (17) square units »

X241
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m Find the area of the region bounded by the curve : y = X 3 _ 6 X%+ 8 X and the X-axis.

« 8 square units »
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) O fro0=x*-3x+3,find:
( 1) The absolute extrema value of the function f in the interval f [0 5 2] i
( 2 ) The area of the region bounded by the curve of the function f and the straight lines

X=0 s X=25y=0 « 4 square unit »
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4] ) Find the area bounded by the curve of the function f : f (X) = (3 = X) (X — 1)* and

(

the two coordinate axes where f (X) 20 «.3)_ square units »
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&1/ (! Find the area bounded by the curve of the function f : f (X) = (X— 1) (X -2) (X -3)
and the two straight lines X =4 , y=0 where f (X) 20 «?

square units »

9| —
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WA 7 Find the area of the region bounded by the curve :'y X +\/§ = ] and the two straight

lines X=0 Y= 0 «71- square units »
)
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550 7 Find the area of the region bounded by the curve of the function f and the curve of

the function g where f (X) =X 3 X" 45 g(X)=X+2 « 8 square units »
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