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Easy math—Mr. Ali Abdalla

c&ﬁﬂ@»gcp&ﬂﬁgEgﬂ}ﬂnuaad»ﬂ|24i0qyd$
Lesson 6-2 | Volume: Slicing, Disks, Washers

Easy math—Mr. Ali Abdalla

Compute volume by means of definite integration using areas of cross sections.
4 pl) adaliall cilabliss aldddinl aa 3 gaaal) JalSiL anal) ilua

A(x) (_.,m‘,.e.” &ladel) Eonlmo &0 MMS ,p.en.»- a o~
Find the volume of the solid with cross-sectional area A(x)

V) AX)=x+2 . -1<x<3

Exercises (1-4) | P429

N = J Ps(x) <t d

B) V =127 | ‘fx+2
WSV =12 - x+2X\

D) V=10
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A(x) (soyed) &ladal) Somlmo &0 funed) Lo oo~

Find the_yolume of the solid with cross-sectional area A4(x)

2) @ =10e%01" | 0<x<10 |
o.0\ XK

A= [10e At 1 s ST
ly/ﬂ 1000(e®* — 1) -

B) V = 1000(e*! + 1)

) V =1000(e™ - 1) |

D) V =1000(e! — 1)

Torm 3 - 2023/2024 e 2 mnee

Easy math—Mr. Ali Abdalla
A(x) (soyed) &ladal) Somlmo &0 funed) Lo oo~

Find the volume of the solid with cross-sectional area A4(x)

3) Ax)=n(4—x)* . 0<x<2

Qiﬁj35> V= [ luead da

B) V=73—2Tt

ov=2
3

D) V =56m

Torm 3 - 2023/2024 e 2 e
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A(x) b”jﬂ.“ &lad el Eonlmo &0 punonal) ponos oo

Find t olume of the solid with cross-sectional area A(x)

4) A-@—Z(x+1)-2 1<x<4 H
N_= j2<7+\)1 dx 1/

|

A) V =78n

B)V=f144(x+1)4dx s J8

4
C) V= nJ 2(x + 1)? dx
1 __

\ \
D) V=f 2(x + 1)% dx |
1

Easy math—Mr. Ali Abdalla

Find the volume of a solid of revolution using the mqthod of disks. Exercises (17,19,25) P430
wal 8Y) 44y jh gLy pias aaa Jla) | Exercises (27,28) P431

17- Let R be the region bounded by: y = 2 - X, Ehsa o S0, c—__;_;m(__ﬁuﬂ @\—W
y =0, and x = 0. Compute the volume of — > T e
the solid formed by revolving R about - e
axis. X 2V x=0,y=0

— R j [P(?()—fc\% 16
9 " |
RN j (2-2) dx

3
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19- Let R be the region bounded by y =2, y = s & C-)_,_'f; c;;,m(_.@nﬂ ceup -4

Vx and x = 0. Compute the volume of the | ) ) ]
solid formed by revolving R about y-axis. ¥ = Vi Y =2 b Sleais Al Asbyl
y .J_)-!Q“ CJ_)-P x=1 2

=

:?Dk & 2w G 4=z >z = §
N = v S[g(wﬂ%&:’j
= 1 _E (52>1 A‘ﬁ
A= B)

Easy math—Mr. Ali Abdalla

25. Let R be the region bounded by y = 4 — 2x, | y =4 — 2x 2k ), susalt Sabu) B 1-) -Yo
the x-axis and the y-axis. Compute the A8 ny i _
volume of the solid formed by revolving R b S p) 2o cly Al x Al

about the y-axis ' Y st P RN s

) F=Ha% = Se U M5 g =0 Lu.s
4
NI | =T
. Y

léem
SRS
)

€) = D

X =
%x;ﬁ%

2

S22
-

T %
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25. Let R be the region bounded by y = 4 — 2x,
the x-axis and the y-axis. Compute the
volume of the solid formed by revolving R
about the x-axis

y=4—2xak Ay opand aibd) SR I -0
2,5 c’_,S.JJ"r,f«ﬁl‘eM Gty Al x Al
X P REN S

N

Term 3 -2023/2024

Garde 12 Advanced
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27. Let R be the region bounded by y = x2,
y = 0 and x = 1. Compute the volume of
the solid formed by revolving R about the
x-axis.

sy =x%ab Ny opal Aabd _ DR TS -YY
C)’CJ.:L C-.-ﬁ-"‘-“ei*ﬁ-“(ﬁp et x=1,y=0
.. X IR EN s

Term 3 - 2023/2024

Garde 12 Advanced
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27. Let R be the region bounded by y = x?, 2y =x% Ak, sual ik _ AR 1 =YY
y = 0 and x = 1. Compute the volume of W o i _
the solid formed by revolving R about the | <SP S a2l gt x =1, y=0

x=1cl¥ R clos

x FP s s> T =11y \Jz_vjr'L dy
. \ \

?:TTOJ (L8 Y -_-

Easy math—Mr. Ali Abdalla

28. Let R be the region bounded by y = x Sy =xakNy s al ikl AR 13 =YA
y = —x and ¥ = 1. Compute the volume \0 =

AW B % _ A0
of the solid formed by revolving R about Sl S ("‘-‘Qﬂ V. o4 A X =1,y =—x
the x-axis | ' X IR Sss
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Find the volume of a solid of revolution by using the method of washers. Example 1.6 P413

Cililad) 48, )b ala35ul acae aaa Sl | Ex (19,20,22,24) P414

17- Let R be the .regionbounded byiy=2—x,y= b Shso o B q;_,}jle___ﬁ_l\(p Shp —VY
0, and x = 0. Compute the volume of the solid —
2y =0,y =2—x b leas Ablall

formed by revolving R abo liney =3
1w @(‘“‘“ J,x=0

%‘I‘{ié Yo = Ufﬂ;ﬂ[owﬂk Y‘,’ = 5—-(2—5&)
. :3—0'—_3 ' ‘:\-—\-7(.

j (a+bn) 7= %T)E%

N = T f - UJr:c)2 dx

2

w [ 9= (Va2mend) dx

Garde 12 Advanced
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19- Let R be the region bounded by y =2, y = c'.;‘/;ac;'ycb_.-ﬁ c;jj!(_ﬁg}\ﬂw\—\ﬂ

vVx and x = 0. Compute the volume of the ] ) )
solid formed by revolving R about x = 4. = Vi Y =2 b Shay Ablal Azbl

r d%\ l x=4r,._‘.u\c'_)_-,.,ﬂx=04

) 8:\]—_—%2: Q)L -
o=

=

(- ) dy =¥ J\b_|6+831,_3“0{j

o
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25. Let R be the region bounded by y =4 —2x, | y =4 — 2x 4b Ly sas ¥ Sib _ B R & 14 -Yo
the x-axis and the y-axis. Compute the A o i _
volume of the solid formed by revolving R TR r""’z'“ S Gty A x Al

y=4Jd,, R\ pm

Y, =W-0=4 0= B (Hogn) — 29

N = S U — (aaf dz
T i Vo — Ux® dx

w | Vbx - L%Jz}\q;

Easy math—Mr. Ali Abdalla

25. Let R be the region bounded by y = 4 — 2x, the Yy =4—2xak ), s alaibll _ SR 1) -Yo

x-axis and the y-axis. Compute the volume of \ = .
the solid formed by revolving R about y = —4 o S 5 (*f'-“ AP Y A X Rl
\ il .y=—4c);pRC)‘J)J

FRQ

Vo = H-2x— L—%)\ (=0 —(4)
N g——'Z% ¥l = Y

N = 5 (8—23{3‘-— " Jdx

ah el
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25. Let R be the region bounded by y =4 —2x, | y =4 — 2x 4b Ly sas ¥ Sib _ B R & 14 -Yo
the x-axis and the y-axis. Compute the ' i

volume of the solid formed by revolving R | <5 <F ~all pe ool Ly 2l x a2l
about (a) x = 2 :

(ke =z P RiEN oo o

oy
Y= Y-2x
= 20 = Y- 3

Y‘G = 9_.;0 = B
-2-(2-1 )
£y

Easy math—Mr. Ali Abdalla

25. Let R be the region bounded by y =4 —2x, | y =4 — 2x 4b Ly sas ¥ Sib _ B R & 14 -Yo
the x-axis and the y-axis. Compute the \ g

volume of the solid formed by revolving R | <5 <5 (““ﬂng# )y A X Al

about x=-2 o x=-2 LRS00

B BT 2-Ly —(2) = 4- LYy
Y\‘—O‘.(Fl) .8

z=2-39e NE TVJ (4- L) 82 dy

-t

TFE (eﬂii% ”9}\

4
oL
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27. Let R be the region bounded by y = x?, 2y =x% Ak, sual ik _ AR 1 =YY
y = 0 and x = 1. Compute the volume of W o i _
the solid formed by revolving R about the | <~ b F a2l po st x =1, y=0
y-axis. Y o e R s

(ke =

FRQ Y=z =z =Y

e ey =1 Y'!'_:' \l—g-—o :\I—?j

Easy math—Mr. Ali Abdalla

27. Let R be the region bounded by y = x?, DY =x2 Ak, s A b _ SR 1J =YV
y = 0 and x = 1. Compute the volume of I\ g % ‘ _’1 =0
the solid formed by revolving R about the o b S F A X =1 Y=

. ’ Xx=—-1yp R s

fos L) =9 Y‘{—:‘l—‘a—(—\):m.\-\

\
2 3 AXN = 2
N = W 5 2 — (Vgx\)0dy h(owc\o) < a2y b

3

\
Trof Y~ (Y 209 +0) dy

w [3-28y dy

\
sy~ 4 i)
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27. Let R be the region bounded by y = x?, 2y =x% Ak, sual ik _ AR 1 =YY
y = 0 and x = 1. Compute the volume of W o i _
the solid formed by revolving R about < B SN ) pp st x =10 ¥y =0

G=D o ren

2
= | S,

N=w ) v- (-2 dx
v | \
= '\Tj Vo Mz dx = 'rrjizlfxq d=

Easy math—Mr. Ali Abdalla

27. Let R be the region bounded by y = x?, sy =x2 Ak sl b _ SR 1 =YY
y = 0 and x = 1. Compute the volume of L L i _
the solid formed by revolving R about < S S (-*F-“ Vs G x=1,y=0

y=—1 ¥Rl

Hhe ‘
FRQ s TZ:Z—(-\) = X\ = O o T |

|
e e 5 () -\

\
u
'W§ :L—l-Qxl d%




Easy math—Mr. Ali Abdalla

28. Let R be the region bounded by y = x = —X 3V = X daulgs sagustt dalaitt Lo R s 28
y = —x and x = 1. Compute the volume of the R ey e i IO g ‘_“;h' x=1
solid formed by revolving R about the y-axis ot = R .

Q\ ol s =) 2 o Yoo=Y
R PN s e =) @ Yo o Mo0 = -4

| o

w943, + wls-3811
(1-1)-o] + Tt o-Gx) )

Easy math—Mr. Ali Abdalla

28. Let R be the region bounded by y = x Y ==X 5 ¥ = X dlauly srgustl dalaitl o R s -28

y = —x and x = 1. Compute the volume of T R 0lyen cpe (1683 Sall aund et =1
the solid formed by revolving R about y =1 i PSR @

T‘o':l-t—'x) i = |- 2¢
= lxx

I -
Nz T J(H-x)l—— (1-x) dx

\
= W jjﬁ—r?.?('iﬁg;—;l—\-zx—g?& dr

= M j\twdz
=
= ATNXK \Q
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28. Let R be the region bounded by y = x = X ilacles 5rgusd! aalatt s R s 28
y = —x and x = 1. Compute the volume of the e = Y Sl ot S oS

solid formed by revolving R about y = —1 e 0885 gl PR B e e 1,y T —X
\ \ y = -1 Js> R oue

Mo = %=(=) =2 ;T —e ) = - Xk

= 5 (x4\) = [ g

T
<5 5 A oxg | mZp2x =\ Jdx
]

\
W jux dx
L+
\
7—“2‘116




